ABSTRACT. In this paper we study the dependence of the vector valued conditional expectation (for both single valued and set valued random variables), on the a-field and random variable that determine it. So we prove that it is continuous for the L1(X) convergence of the sub-a-fields and of the random variables. We also present a sufficient condition for the Ll(X)-convergence of the sub-a-fields. Then we extend the work to the set valued conditional expectation using the Kuratowski-Mosco (K-M) convergence and the convergence in the A-metric. We also prove a property of the set valued conditional expectation.
1) INTRODUCTION
The purpose of this note is to study the dependence of the vector valued conditional expectation (for single valued and multivalued random variables), on the two quantities that define it. Namely on the sub-a-field and on the random variable.
Let (f, ,/) be a complete probability space and X a Banach space. The following are well known for X-valued random variables:
(a) If f LI(x), {]n}n>_l is an increasing (decreasing) sequence of sub-a-fields and the__n EEnf--s Ef in LI(x) and also /-a.e.. This theorem, known in the literature as the "Neveu-Ionescu Tulcea theorem", can be found in Neveu [8] , proposition v-2-6. It is a particular case of the "martingale convergence theorem" (see Metivier [7] , corollary 11.8).
(b) If fn _s f in LI(x) and E 0 is a sub-a-field of E, 0 L 1 then E fn _s E:E0f in (X).
This is a consequence of the fact that the vector valued conditional expectation is a continuous, linear operator on LI(x) (see Neveu [8] 2) PRELIMINARIES Let (ft, Z, tt) be a complete probability space and X a separable Banach space.
We will be using the following notations" and Pf(c)(X) {A X: nonempty, closed, (convex)} P(w)k(c)(X) {A c.C X: nonempty, (w-) compact, (convex)}. 
is Ll(x)-Cauchy, thus it converges in LI(x) to T(f) and Therefore {Tn(f)}n>_l T (LI(x)) (see Kato [ G(w) , PROOF" Let v(w)= )A(W)x with AcE 0 and x eX. Then we have:
So the lemma is true for countably valued v(. belonging in the Lebesgue-Bochner , space L(0, X ). But from corollary 3, p. 42, of Diestel-Uhl [2], we know that these functions are dense in L(R)(ZO X ). So by a simple density argument, we conclude that the lemma holds for all v L(R)(O, X ). 
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